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ARTICLE INFO ABSTRACT

This paper presents a modified generalized Prandtl-Ishlinskii (MGPI) model for the asymmetric hysteresis
characterization of pneumatic artificial muscles (PAMs), which can be considered as a cascade of the super-
position of weighted generalized play operators and the superposition of weighted dead-zone operators.
Compared with the established hysteresis models, the significance of the MGPI model is that it has a simple
expression including a small number of parameters to be identified. Besides, the analytical form of its inverse
model is easy to be obtained, which can be applied to the compensation of asymmetric hysteresis of the PAM in
real-time. The wiping-out and congruency properties of the proposed model are verified by simulations.
Meanwhile, by carrying out the experimental study on length—pressure hysteresis of a PAM, the parameters in
the MGPI model are identified from measured data using the Levenberg-Marquardt method. Then, a feedforward
hysteresis compensator based on the inverse MGPI model is designed for trajectory tracking control of the PAM.
The simulation and experimental results indicate that the proposed model and its inversion are effective to

Keywords:
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characterize and compensate the length—pressure hysteresis of the PAM.

1. Introduction

Hysteresis is a common nonlinear phenomenon that appears in
various systems, including smart materials [1], ferromagnetic materials
[2] and pneumatic artificial muscles (PAMs) [3]. The hysteresis prop-
erties can cause inaccuracies and oscillations in the system responses
[4], yielding degraded performance of the system. Significant efforts
have been made toward the modeling of hysteresis properties for ef-
fective controller designs.

The existing models characterized the hysteresis can be classified
into physics-based models and phenomenology-based models. The
physics-based models [5] are usually derived on the basis of physical
principles of the particular material and/or system properties. In con-
trast, the phenomenological hysteresis models are constructed based on
the experimental data without considering the physical properties of
the actuator, and thus have been adopted more extensively. The phe-
nomenology-based models can be roughly divided into two classes [6]:
(1) operator-based models, which utilizes different kinds of mathema-
tical operators to characterize the hysteresis loops, such as Preisach
model [7], Krasnosel'skii—-Pokrovskii (KP) model [8], Prandtl-Ishlinskii
(PI) model [9], Maxwell-slip model [10] and its modified version [11];
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(2) differential-based models, which adopts nonlinear differential
equations to characterize hysteresis dynamics [12], such as Dahl model
[13], LuGre model [14], Duhem model [15,16], Bouc—Wen model [17]
and its variations [18].

As a subclass of the Preisach model, the PI model [19], which is a
linearly weighted superposition of elementary linear play operators
with different thresholds and weighting values, is the most widely used
model in both hysteresis modeling and control. Compared with other
models, the main advantage of the PI model lies in its simple expression
and analytical inversion, thus making it more efficient for real-time
applications. However, the classical PI (CPI) model is not adequate to
describe the nonlinear and saturated hysteresis loops [20] because the
linear play operator is symmetric and convex. In an attempt to over-
come these drawbacks of the CPI model, a lot of variations of the PI
model have been proposed by: (1) cascading linear play operators with
continuous non-convex and asymmetric memory-free superposition
operators in series [21]; (2) replacing the linear play operators with
nonlinear ones; and (3) adding nonlinear memoryless function [22] (or
nonlinear input function [23]). Kuhnen [21] proposed a modified PI
(MPI) model that combines linear play operators with one-sided dead-
zone operators (DZOs) to model the asymmetric hysteresis. Along this
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track, Wei et al. [24] developed a rate-dependent MPI model to take
account of the hysteretic nonlinearity of a piezoelectric actuator at
varying frequency. Al Janaideh et al. [25] applied a symmetric gen-
eralized PI (SGPI) model to characterize the symmetric and saturated
hysteresis loops. To improve the capability of the SGPI model in cap-
turing the asymmetric hysteresis loops, an enhanced SGPI, named
asymmetric GPI (AGPI) model, was proposed by adopting different
envelope functions under increasing and decreasing inputs, which is
more effective in describing the complex asymmetric hysteresis with
output saturation compared to the SGPI model [26]. Subsequently, the
analytical inversion of the AGPI model was further derived in [27].
Meanwhile, based on the CPI model, Jiang et al. [28] modeled the
hysteresis nonlinearity of piezoelectric actuators by proposing two
asymmetric operators to describe the ascending and descending bran-
ches of the hysteresis independently. The AGPI model [27] can capture
asymmetric hysteresis with output saturation, and it has an analytical
inversion as long as the envelope functions of all the generalized play
operators are in the same form [22]. However, the same form of en-
velope functions in AGPI model limits its modeling capability [29].
Hence, Zhang et al. [22] formulated an extended generalized PI (EGPI)
model by adding a nonlinear memoryless function into the AGPI model,
and presented an iterative inversion algorithm based on the Fixed-Point
Theorem to derive its inversion. The result indicates that the EGPI
model has better capability to describe complex hysteresis than the
AGPI model. Moreover, Gu et al. [30] combined a CPI model with a
nonlinear non-hysteretic function of the input to capture the asym-
metric hysteresis of piezoceramic actuators. However, the proposed
model is not suitable for PAMs due to the convexity property [21] of the
PI model.

In this paper, a novel modified generalized PI (MGPI) model com-
bining the SGPI with MPI models is formulated to identify the asym-
metric hysteresis of PAMs. The main advantages of the proposed MGPI
model lie in that: (1) rather than the different envelope functions used
in AGPI and EGPI models, the hysteresis envelope functions of this
model are the same as those of the SGPI model, thus it has a simple
mathematical expression to describe the asymmetric hysteresis beha-
vior of PAMs; (2) due to (1), the MGPI model has a relative fewer
parameters to be identified compared with MPI model; (3) the analy-
tical inverse of the MGPI model can be directly derived from that of the
SGPI and MPI models. To validate the developed model and the inverse
hysteresis compensator, the results of simulation and experiment on a
PAM are presented.

The rest of this paper is organized as follows. Section 2 presents the
MGPI model and its analytical inversion. The verification of wiping-out
and congruency properties of the developed MGPI model is given in
Section 3. Finally, an inverse-based hysteresis compensator for trajec-
tory tracking control of the PAM is designed in Section 4 to validate the
capacity of the proposed model before conclusions are drawn in
Section 5.

2. MGPI model

The analytical formulations of the MGPI model and its inverse
model are presented in this section. The former is used to characterize
the asymmetric length—pressure hysteresis, while the latter is applied as
a feedforward compensator for trajectory tracking control.

2.1. AGPI model

The AGPI model [26,27] is an operator-based phenomenological
model, which utilizes the weighted generalized play operators (GPOs)
to describe the nonlinear and saturated hysteresis nonlinearity. The
input-output relationship of a GPO is shown in Fig. 1, which is char-
acterized by the input x and the thresholds ¢, and {;. The increase of
input x causes the output w increasing along the curve y,, while the
decrease of x causes w decreasing along the curve vy, resulting in a
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w(t)“

w=x+d,
-

Fig. 1. Input—output relationship of the generalized play operator.

asymmetric hysteresis loop. The curves vy; and v, are the envelop func-
tions of GPO, which are strictly continuous and increasing, satisfying
Y1 = vr [25].

Suppose that C,,[0, T] is the space of piecewise monotone con-
tinuous functions. According to the definition presented in [31], the
output of the GPO, denoted by F/, for any input x(t) € C,,[0, T] can be
formulated as

w(0) = FY[x](0) = £ (x(0), 0)

w(t) = F [x](6) = £} (x(@©), F! [x](&) 1
fort;<t<t,;and 0 <i <N — 1, with
fy” (x, w) = max(y,(x) — r, min(y(x) + r, w)) @)

where 0 =, < ; < ---<ty = T are intervals in C,[0, T] such that the
input function x(t) is monotone on each of the subintervals [t;, ;1] ris
the threshold value of the GPO, which is defined as

18 = n®
- 2 3

The AGPI model can be subsequently formulated by integrating the
GPO and the density function p(r), yielding

T
»® =HE®)+ [ p()F! [x](0)dr @

where p(r) is an integrable positive density function; H is the non-de-
creasing Lipschitz continuous function.

a7, (x (1))
qy,(x(0))

if x>0

H(X(t))={ if %<0

)

To implement the real-time control, the AGPI model (4) can also be
approximately expressed in the form of a finite number of the GPOs
[26], resulting in

Yp(k) = FYx(k), 3] = qy (x(k)) + ), p()F] [x] (k)

im1 (6)
Fl[x](k) = max(y.(x) — 5, min(y(x) + 5, Fi[x](k — 1))) @
7.(x(k)) ifx>0
X)) =
y () {yl(x(k)) if% <0 ®

where n is the number of GPOs; q is a positive constant;
Yo = Digs->Mol* is the initial state. The threshold value r; and the
weight of the ith operator p; can be given as

&)

n=ai



S.-L. Xie et al.

P =p(n) = pe™™ 10

where @, p and 7 are positive constants identified from experimental
data of the PAM.

Remark. The AGPI model [26] utilizes different nonlinear envelope
functions to approach the asymmetric hysteresis loops, i.e. y;(x) = v,(x),
for the ascending and descending branches. Therefore, it can
characterize the asymmetric and saturated hysteresis loops. As a
special case of the AGPI model, the SGPI model [25] employs the
same envelope functions, ie. y(x)=7y(x)=y. Although it has
limitation on describing the asymmetric hysteresis [25], the
formulation of this model is simple.

2.2. MGPI model

Taking advantage of the SGPI model and the MPI model, a novel
MGPI model is proposed in this paper for the description of the asym-
metric hysteresis behavior of PAMs. The SGPI model is utilized to re-
duce the complexity of modeling, while the capability of characterizing
the asymmetric hysteresis is enhanced by cascading the one-side dead-
zone operators.

According to [25], the envelop function is given by

y(x(t)) = cotanh[c;x (k) + ¢] + ¢3 (11

where ¢y > 0, ¢; > 0, c,, c3 are constants to be identified. Then, the
proposed MGPI model can be derived as the cascade of superposition of
weighted GPOs and superposition of weighted dead-zone operators
(DZOs). For different threshold values, Fig. 2 shows the input-output
relationship of the DZOs, which can be defined as [21]

z(1) = Salyl@®) = S (@), d) (12)
max{y(t) —d, 0} d>0

S@),d)=4y® d=0
min{y(t) — d, 0} d<0 13)

Thus, the output of dead-zone (DZ) model can be expressed as fol-
lows

ys(k) = w! Sg[y](k) 14
z(?) A
d=0
- - > |
d<0 d>0 (1)

Fig. 2. Input—output relationship of the dead-zone operator.
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wy = (Wyo, Wy, "‘aWsm)T’ d = (do, dy,"-+, dm)T

Sa[y1() = (Saoly1(K), Sar V1K), -+, Sam [y1(R))T

where ys(k) is the output of DZ model; wy, S4[y]1(k) and d are the vectors
of weights, DZOs and thresholds, respectively. The element in d is de-
fined as

-
dj = - max(yp) 15)
Thus, by using a finite number of the GPOs and DZOs, the MGPI
model can be derived

(k) = T [x](k) = w Sal[F! [x(k), 311 (16)

It is notable that the MGPI model is different from the variations of
the CPI models [19], such as the AGPI model and EGPI model. To
overcome the drawback of the CPI model that can only describe the
symmetric hysteresis, the AGPI model proposed in [26] and [27]
modified the GPOs by using two different envelope functions. While the
EGPI models developed in [22] and [29] replaced the function H(x(t))
by a new nonlinear function. By contrast, the MGPI model combines the
GPOs of the SGPI model with the superposition of dead-zone operators
(Fig. 3). In this manner, the developed model has a simple mathema-
tical expression using fewer parameters to characterize the asymmetric
hysteresis behavior. Another advantage is that the analytical inversion
of the MGPI model can be directly derived from that of the CGPI model
and MPI model for the real-time feedforward hysteresis compensation,
which will be investigated in Section 4.

2.3. Inverse MGPI model

Referring to [21,25], the inverse MGPI model can be obtained from
that of the SGPI model and MPI model, which can be formulated as

x(k) = T y](k) = yp [w'{ 8'a[y]1(k) 17)
where
v *® Input
Y Y Y
3 4 A ; b A .
T s LA e LI sae
954 S ~pC, C~bC, | model
Ay Ay Ay
v 4 v
p(r1) ceoe p(r) eee p(ry) Weight
T SGPI
Lyeth) output
Y A Y
Md=9 Ad=9 Ad=9
d<0_ /}f d<0_ //f d<0_ //f Dead-zone
LN ] o0 0
1" ~0 717 ~0 10| model
/(/ a>0 /(/ da>0 /(/ a>0
% % %
Y Y Y
W1 e Wi LN Wem Wcight
TN MGPI
yu(k) output

Fig. 3. Structure of MGPI model.
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»lk) =y [q’y(k) + Zp’z-x,-(k)]

i=1 (18)
x; (k) = max{y (k) — r', min{y (k) + s, x;(k — 1)}} 19
, 1
Wso = —
Wso
’ —Wy
W= 5 =
(Zkzo Wsk)(zk:() Wsk)
Jj
dj= Z wy (dj — dy)
k=0 (20)
, 1
q =—
q
i—-1
ri=qn+ ), pn—r)
j=1
;o -Dp;
p; =
i i-1
(e eeen
@n

Here, x;(k) is the ith inverse generalized linear play operator; r/ and
p/ are the threshold and weight of the inverse GPI model, respectively.

3. Verification of wiping-out and congruency properties

Although the MPI model can capture the asymmetric hysteresis
loops, the wiping-out and congruency properties of this model are not
verified in [21]. Since these two properties are essential for validating
the effectiveness of operator-based hysteresis models [32], the corre-
sponding simulations on the proposed MGPI model are carried out in
this section.

3.1. Wiping-out property

The wiping-out property means that the output of hysteresis loops
depends on not only the current input but also the alternating series of
previous dominant input extrema. As a nonlocal memoryless behavior
of the hysteresis, only the alternating series of previous dominant input
extrema are stored, and the memories of all the other inputs are wiped
out.

Fig. 4(a) illustrates the input pressure signal, which is given to
verify the wiping-out property. There are two local minimal values (p»

0.6 T T T T
Ds

P

Ps

P,

Pressure (MPa)

Py

OO 1 2 3 4 5

Time (s)

(a)
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and p4), two local maximal values (p; and p3) and one global maximal
value (ps). Fig. 4(b) shows the hysteresis loops generated by the given
input pressure. When the input signal decreases from p3 to py4, the
hysteresis loop moves from point L3 to point L4. Since the value p, is
smaller than that of p,, the memory point L, is wiped out by the
memory point Ls. When the input increases from p, to ps, due to
DPs > p1 > p3, the memory points L; and L3 are both wiped out by the
new memory point Ls. The simulation results indicate that the MGPI
model successfully fulfills the wiping-out property.

3.2. Congruency property

The congruency property refers to the characteristic that two minor
hysteresis loops with the same input range are congruent. It means that
one minor loop can overlap the other by pure translation.

The input pressure signal for the validation of congruency property
is shown in Fig. 5(a). There are two local minimal values (p, and p4)
and two local maximal values (p; and ps), satisfying p; = p; and
D, = p,. Thus, we have [p,, p;] = [p,, ps]. Fig. 5(b) is the corresponding
hysteresis loops. There are two minor hysteresis loops, namely, loop 1
and loop 2. The lower minor hysteresis loop 1 is obtained from the
input pressure between p; to p, in the ascending branch, and the upper
loop2 is caused by the input pressure between p, to ps in the descending
branch. Obviously, these two minor loops can overlap each other ex-
actly after shifting a distance, which demonstrates that the two minor
loops are congruent.

4. Experimental verification

In this section, the experiment on the length—pressure hysteresis of a
PAM is conducted. By using the Levenberg—Marquardt method, the
parameters in the MGPI model are identified from the experimental
data. Then, an inverse-based compensator for trajectory tracking con-
trol of the PAM is designed to demonstrate the effectiveness of the
model.

4.1. Experimental apparatus

The experimental apparatus is shown in Fig. 6, which consists of a
PAM, a VPPM valve, an air compressor, a displacement sensor, a
pressure sensor and a computer. The PAM is DMSP-20-500 N fluidic
muscle (internal diameter: 20 mm; length: 500 mm) manufactured by
Festo, of which one extremity is connected with the base and the other
moves freely. The length and the internal pressure of the PAM are

0.25 T T .
L(p,,c)
L,(p,.c,) L;(ps,c5)
0.2r b R
Ly (ps,c3)
S
2 0.15f ]
5
=}
8
3
E 0.1+ b
[=}
o}
0.05F b
L,(p,c,
) : : : : :
(0 0.1 0.2 0.3 0.4 0.5 0.6

Pressure (MPa)

(b)

Fig. 4. Simulation of the wiping-out property. (a) Input pressure. (b) Hysteresis loops.
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0.6 T T T T 0.25 T T T T T
Ps Ly(ps.¢s5) Ly(p;.c;)
0.5¢ b 0.2 Loop 2 1
s L,(p,.cy)
0.4F b S
o 2 0.15F 1
< § 015 L(p,¢)
g P Ps =
2 0.3 1 8 Loop 1
Z g ol L(py.cy) |
~ £ 0
0.2r b
P, Py ©
0.05f 1
0.1f i
0 : : : : : 0 ; . . . ;
0 1 2 3 4 5 6 0 0.1 0.2 0.3 0.4 0.5 0.6
Time (s) Pressure (MPa)
(@) (b)
Fig. 5. Simulation of the congruency property. (a) Input pressure. (b) Hysteresis loops.
/7‘7 )\ Pressure sensor Table 1
VPPM PAM Identified parameters of the GPI model.
Displacement sensor o ¢ c2 3
. Computer
1.6867 0.3385 —0.2319 0.3211
Q p T a
Air compressor 0.2959 0.1827 5.4999 0.08
Table 2
Identified parameters of the DZ model.
Number w; Number w;
1 0.1207 6 —0.0238
2 0.0246 7 —0.0070
3 0.0405 8 —0.0401
4 0.0694 9 —0.0223
5 0.0357 10 0.0625
Fig. 6. Experimental apparatus
Table 3
NIDAQ ﬁiﬁ Comparison of different models with different n.
6230 card AL . n Models ME/mm MAE/mm RMSE/mm
Displacement
Al sensor PAM 10 MGPI 3.0506 0.6116 0.8518
D SGPI 5.2507 1.0725 1.3726
AO 20 MGPI 2.9791 0.5798 0.8061
% Pressure SGPI 5.3458 1.061 1.3636
sensor
PCI bus I :
‘ }’ropomonal pressure regulator Table 4
NG Comparison of MGPI model with different m.
m ME/mm MAE/mm RMSE/mm
Inlet valve
—\ 10 3.0506 0.6116 0.8518
"\ 14 3.4331 0.5828 0.8136

Reservoir Air compressor

Fig. 7. Schematic diagram of the experimental setup.

measured by a displacement sensor (Novetechnik TEX-0150) and a
pressure transducer (FESTO SDE1-D10), respectively. A proportional
pressure regulator (Festo VPPM-6L-L-1-G18-OL10H) is equipped to
regulate the required pressure for the PAM. Fig. 7 shows the schematic
diagram of the experimental setup, where a NI data acquisition board
6230 is embedded in the computer and the control algorithm are de-
veloped using the graphical programming platform of LabVIEW.
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4.2. Hysteresis loops characterization

Before the experimental verification of the proposed MGPI model,
the parameters identification is necessary. However, parameters iden-
tification of the MGPI model is by no means an easy task, due to the
high-dimensional, high-nonlinear and multi-constraint characteristics.
There are many algorithms having been developed to solve the problem
of parameter identification of hysteresis models, such as the particle
swarm optimization [33], genetic algorithm [34], covariance matrix
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Fig. 8. Experimental verification of the MGPI model. (a) Input pressure. (b) Hysteresis loops. (c) Length of PAM. (d) Error.
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Fig. 9. Experimental verification of the AGPI model. (a) Hysteresis loops. (b) Error.
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Fig. 11. Demonstration of the inverse hysteresis compensation performance. (a) Trajectory tracking response. (b) Error.

adaptation evolution strategy [35]. In this paper, the Le-
venberg—Marquardt method [36] is adopted to identify the parameters
in the MGPI model by minimizing the following quadratic cost function.

N
J(©) = E"(@)E(0) = Y, (k) -y, (k, ©))

k=1 (22)

subject to

yu(k, ©) = w] Sy[F [x(k), 3,11
0 = [0,; 64]

0, = [cp, €1, €2, €3, ¢, 0, T, al
0y = [Wy, -+, Wyn]"

c>0,¢>0,0>0,7>0,a>0 (23)

where @ = [@,; @] is the vector of parameters to be identified; ®; and
@, are the parameters in the GPI model and DZ model, respectively; x
and y are input and output data obtained from the experiment; N is the
number of x; E(®) is the error vector; yy, is the output of the MGPI
model.

The identified parameters of the MGPI model (16) using ten GPOs
(n = 10) and ten DZOs (m = 10) are summarized in Tables 1 and 2. It
should be pointed out that the larger the numbers of n and m, the higher
the precision of the MGPI model to capture the hysteresis loops.
However, it is found that further increase of the numbers of GPOs and
DZO0s does not improve the modeling accuracy significantly, which can
be seen from Tables 3 and 4. These conclusions are consistent with the
results obtained in [21] and [30].

By using the identified parameters, it is easy to carry out the com-
parison study between the experimental data of length- pressure hys-
teresis loops of the PAM and the prediction results of the MGPI model.
The reference pressure signal is designed in the form of triangle-wave as
shown in Fig. 8(a). Its amplitude decreases from 0.6 MPa to 0.1 Mpa
with an equal interval of 0.1 MPa. Fig. 8(b) illustrates the
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length—pressure hysteresis loops obtained from the MGPI model and
experimental data. It can be seen that the proposed model is very ef-
fective in characterizing both major and minor hysteresis loops of the
PAM. Fig. 8(c) shows that the prediction results of the MGPI model
match the experimental measurements very well. The maximal error is
3.0506 mm in the full range of movement (see Fig. 8(d) and Table 3).

To demonstrate the advantage of the proposed MGPI model, the
SGPI model is also developed to describe the length—pressure hysteresis
of the PAM under the same input pressure signal, resulting in the
hysteresis loops depicted in Fig. 9. It can be seen that the error of the
SGPI model is larger than that of the MGPI model, indicating that the
proposed model has a better capability of characterizing the asym-
metric length—pressure hysteresis behavior of PAMs.

4.3. Hysteresis nonlinearity compensation

To compensate the length—pressure hysteresis, a feedforward and
feedback combined control strategy is proposed to realize high accurate
trajectory tracking control of the PAM. Given the identified parameters
of the MGPI model, the inverse MGPI model can be obtained using
(17)-(21), which can be cascaded with the control system as a feed-
forward hysteresis compensator. The inverse MGPI model maps the
desired trajectory y; into an actual control input P4 applied on the
proportional pressure regulator. Hence, the relationship between the
desired trajectory y,4 and actual length y, can be linearized. Note that
the accuracy of the hysteresis model affects the performance of the
feedforward controller. Therefore, a feedback loop has to be added to
form a feedforward and feedback combined controller. The control
scheme is illustrated in Fig. 10. A conventional PID controller is placed
in the feedback loop, which has the form

de(t)

AP = Kye(t) + K; jo't e(r)dr + Ky 24)
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Fig. 12. Demonstration of the length—pressure hysteresis loops of PAM.

Table 5
Trajectory tracking errors.

ME/mm MAE/mm RMSE/mm

2.738 0.7153 0.8975
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Fig. 13. Relationship between the desired length and the actual length after
compensation.

where e(t) is the tracking error signal; AP is output of PID controller; K,
K; and K, are proportional, integral and derivative gains, respectively,
which are given as K, = 0.05, K; = 0.01 and K, = 0.

The tracking responses and errors of the proposed control scheme
are shown in Fig. 11. The corresponding length—pressure hysteresis
loops of the PAM are demonstrated in Fig. 12. Table 5 lists the statistics
of the trajectory tracking error. It can be found that the maximal error is
2.738 mm, and the mean absolute error is only 0.7153 mm. The ex-
perimental results show that the inverse MGPI model is effective to
compensate for the asymmetric length—pressure hysteresis in real-time
application. This conclusion can also be drawn from the nearly linear
relationship between the desired and the actual lengths of the PAM
after compensation, as shown in Fig. 13.
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5. Conclusion

To precisely characterize the asymmetric hysteresis nonlinearity of
the PAM, a MGPI model is proposed in this paper. The following con-
clusions are drawn.

(1) The proposed MGPI model can be considered as a cascade of the
superposition of weighted generalized play operators and the su-
perposition of weighted dead-zone operators. Referring to the in-
versions of the SGPI and MPI models, the analytical form of the
inverse MGPI model can be easily derived, which is readily avail-
able for hysteresis compensation.

(2) The wiping-out and congruency properties of the proposed model
are testified by simulations. The results show that the MGPI model
successfully fulfills both properties.

(3) The results of experimental verification indicate that the MGPI
model has a better capability of describing the length—pressure
hysteresis of PAMs compared with the SGPI model, and its inversion
is effective for the compensation of the asymmetric hysteresis.
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